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$m,$ $n$ $m>n$ . $\mathrm{H}$ $\mathrm{G}\mathrm{L}_{m}$ $\mathrm{R}$
. $\mathrm{V}=\mathrm{M}_{m,n}$ ( $m\cross n$ ) .
$\mathrm{H}\cross \mathrm{G}\mathrm{L}_{n}$ $\mathrm{V}$
$\rho(h_{1}, h_{2})(v)=h_{1}v{}^{t}h_{2}$ $(h_{1}\in \mathrm{H}, h_{2}\in \mathrm{G}\mathrm{L}_{n}, v\in \mathrm{V})$
. $(\mathrm{H}\cross \mathrm{G}\mathrm{L}_{n}, \rho, \mathrm{V})$ ,
, $\mathrm{V}$ $\mathrm{S}$ , V–S $\rho(\mathrm{G})-$
. $\mathrm{S}$ ,
.
: $(\mathrm{G}, \rho,\mathrm{V})$ , $m=\dim \mathrm{V}$ $\mathrm{V}$
$\mathrm{M}_{m,1}$ , $\mathrm{H}$ $\rho(\mathrm{G})$ ,
. , .
, 1 , .
( 1) $\mathrm{H}$ R- .
( 2) $(\mathrm{H}\cross \mathrm{G}\mathrm{L}_{n}, \rho, \mathrm{V})$ , $\mathrm{S}$ R-
.
$f(v)$ $(\mathrm{H}\cross \mathrm{G}\mathrm{L}_{n}, \rho, \mathrm{V})$ , , $\mathrm{S}$ $\mathrm{R}$
.
$(\mathrm{H}\cross \mathrm{G}\mathrm{L}_{n}, \rho, \mathrm{V})$ $(\mathrm{H}\cross \mathrm{G}\mathrm{L}_{n}, \rho^{*},\mathrm{V}^{*})$ .
, $\langle v, v^{*}\rangle=\mathrm{t}\mathrm{r}(^{t}vv^{*})(v, v^{*}\in \mathrm{M}_{m,n})$ $\mathrm{V}^{*}$ $\mathrm{V}=\mathrm{M}_{m,n}$
. , $(h_{1}, h_{2})(v^{*})={}^{t}h_{1}^{-1}v^{*}h_{2}^{-1}$
. $(\mathrm{H}\cross \mathrm{G}\mathrm{L}_{n}, \rho^{*}, \mathrm{V}^{*})$ 1, 2 . $\mathrm{S}^{*},$ $f^{*}(v^{*})$ , ,
$(\mathrm{H}\cross \mathrm{G}\mathrm{L}_{n}, \rho^{*}, \mathrm{V}^{*})$ , . $d=\deg f(v)$ $\langle$ .
$d=\deg f^{*}(v^{*})$ .
, , :
$H=\mathrm{H}(\mathrm{R}),$ $GL_{n}=\mathrm{G}\mathrm{L}_{m}(\mathrm{R}),$ $V=V^{*}=\mathrm{M}_{m,n}(\mathrm{R}),$ $S=\mathrm{S}(\mathrm{R}),$ $S^{*}=\mathrm{S}^{*}(\mathrm{R})$ .
$V-S$, $V^{*}-S^{*}$
$V-S=V_{1}\cup\cdots\cup V_{\nu}$ , $V^{*}-S^{*}=V_{1}^{*}\cup\cdots\cup V_{\nu}^{*}$
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. $V_{i},$ $V_{j}^{*}(1\leq i,j\leq\nu)$ $s\in \mathbb{C}$ with
${\rm Re} s\geq 0$
$|f(v)|_{\dot{l}}^{s}=\{$ $0|f(v)|^{s}$ $(v\not\in V_{i})(v\in V_{i}),$
’
$|f^{*}(v^{*})|_{j}^{s}=\{$
$|f^{*}(v^{*})|^{s}$ $(v^{*}\in V_{j}^{*})$ ,
0 $(v^{*}\not\in V_{j}^{*})$
. , $s$ $V$ ,
, $V^{*}$ $|f(v)|_{1}^{s}.,$ $|f^{*}(v^{*})|_{j}^{s}$ .




. $\hat{\phi}^{\mathrm{s}}$ $\phi^{*}\in S(V^{*})$ Fourier :
$\hat{\phi}^{*}(v)=\int_{V^{\mathrm{r}}}\phi^{*}(v^{*})\exp(2\pi\sqrt{-1}\langle v, v^{*}\rangle)dv^{*}$.
, ( $\mathbb{R}$ ) ([SS], [S1])
, :
(1J) $\Phi_{:}(\hat{\phi}^{*};\lambda)=\sum_{j=1}^{\nu}\gamma_{ij}(\lambda)\Phi_{j}^{*}(\phi^{*};-\lambda)$ .
, $\gamma_{j}\dot{.}(\lambda)$ $\phi^{*}$ $\lambda$ , gamma
( , –
) .
, $\gamma_{ij}(\lambda)$ , .
1 $v_{0}^{*}=(\begin{array}{l}0E_{n}\end{array})\in V^{*}$ , $j(1\leq j\leq\nu)$ $v_{j}^{*}={}^{t}g_{j}^{-1}v_{0}^{*}\in$




: $I_{ij}(\lambda)$ , $\lambda\in \mathbb{C}$
. , $I_{ij}(\lambda)$ $I_{ij}(\alpha, \lambda)$
$\alpha=0$ :
$I_{ij}( \alpha, \lambda)=\int_{\mathrm{M}_{m-\mathfrak{n},n}(\mathrm{R})}|f(g_{j}(\begin{array}{l}xE_{n}\end{array}))|_{i}^{(\lambda-mn/2)/d}\det(E_{n}+^{t}xx)^{-\alpha}dx$ .
, ${\rm Re}( \lambda)>\frac{mn}{2}$ and ${\rm Re}(\alpha)$ .
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\S 2
[S2], [S4] ([S5]) , (1.1) $X=H\backslash GL_{m}$
$O(m)$- .




$H\backslash GL_{m}\ni Hg\mapsto\Phi_{1}.(Hg, \phi;\lambda)$ $:= \int_{V}|f(gv)|_{1}^{(\lambda-mn/2)/d}.\phi(v)dv$ ,
$H\backslash GL_{m}\ni Hg-$ $\Phi_{j}^{*}(Hg, \phi^{*};\lambda):=\int_{V}$. $|f^{*}(^{t}g^{-1}v^{*})|_{j}^{(\lambda-mn/2)/F}\phi^{*}(v^{*})dv^{*}$
H\GL ( $\lambda$ ) .
$v_{0}=(\begin{array}{l}E_{n}0\end{array})$ , $v_{0}^{*}=(\begin{array}{l}0E_{n}\end{array})$
.
2 $\phi$ , \phi * , $O(m)$ - . ,
$\Phi_{:}(Hg, \phi;\lambda)$ $=$ $Z_{mn}(\phi;\lambda)\omega_{*}.(Hg;\lambda)$ ,
$\Phi_{j}^{*}(Hg, \phi^{*}; \lambda)$ $=$ Zm $($ \phi *; $\lambda)\omega_{j}^{*}(Hg;\lambda)$
. ,
$Z_{mn}(\phi;\lambda)$ $=$ $\int_{\{v\in \mathrm{M}_{m.n}(\mathrm{R})|\mathrm{r}\mathrm{a}\mathrm{n}\mathrm{k}v=n\}}\det(^{t}vv)^{(\lambda-mn/2)/2n}\phi(v)dv$ ,
$\omega:(Hg;\lambda)$ $=$ $\int_{o(m)}|f(gkv_{0})|_{\dot{l}}^{(\lambda-mn/2)/d}dk$ ,
$\omega_{j}^{*}(Hg;\lambda)$ $=$ $\int_{o(m)}|f^{*}(^{t}g^{-1}kv_{0}^{*})|_{j}^{(\lambda-mn/2)/p}dk$,
. $dk$ , $O(m)$ Haar .






2 , ( $1.\mathfrak{y}$
$\ovalbox{\tt\small REJECT}$
(2. 1) $\omega_{i}(Hg;\lambda)=|\det g|^{-n}\Gamma_{mn}(\lambda)\sum_{j=1}^{\nu}\gamma_{ij}(\lambda)\omega_{j}^{*}(Hg;-\lambda)$ .
,
(2.2) $\Gamma_{mn}(\lambda)=\pi^{\lambda}\prod_{k=0}^{n-1}\frac{\Gamma(-\frac{\lambda}{2\mathrm{n}}+\frac{m-2k}{4})}{\Gamma(\frac{\lambda}{2n}+\frac{m-2k}{4})}$
. , $\gamma_{ij}(\lambda)$ , (2.1) .
, (2.1) GL
. $P=P_{n,m-n},$ $P^{*}=P_{m-n,n}$ , , $m$ $m=n+(m-n)$ ,
$m=(m-n)+n$ GL ( ) .
$B(GL_{m}/P;z_{1}, z_{2})$ ,
(2.3)
$\psi(gp)=|\det p_{1}|^{z_{1}-(m-n)/2}|\det p_{2}|^{z_{2}+n/2}\psi(g)$ $(\forall p=(_{0}^{p_{1}}p_{2}*)\in P=P_{n,m-n})$
$GL_{m}$ $\psi$ . $GL_{m}$
$B(GL_{m}/P;z_{1}, z_{2})$ ( ) . , $B(GL_{m}/P;z_{1}, z_{2})^{H}$
H- .
$z=(z_{1}, z_{2})\in \mathbb{C}^{2}$ ,
$\Psi_{z,i}(g)=|\det g|^{z_{2}+n/2}|f(gv_{0})|_{\dot{|}}^{n(z_{1}-z_{2}-m/2)/d}$
. $\Psi_{z},:(g)$ $B(GL_{m}/P;z_{1}, z_{2})^{H}$ .
$\Psi_{z,j}^{*}(g)=|\det g|^{z_{1}-n/2}|f^{*}(^{t}g^{-1}v_{0}^{*})|_{j}^{n(z_{1}-z_{2}-m/2)/d}$
.
, $\Psi_{z,j}^{*}(g)$ B$($GLm/P $z_{1},$ $z_{2})^{H}$ .
$A(GL_{m}/O(m))$ $GL_{m}/O(m)$ .
$B(GL_{m}/P;z_{1}, z_{2})$ $\psi$ , Poisson
$\mathcal{P}\psi(g)=\int_{o(m)}\psi(gk)dk$
, $\mathcal{P}\psi$ $A(GL_{m}/O(m))$ , $GL_{m^{-}}$
$\mathcal{P}$ : $B(GL_{m}/P;z_{1}, z_{2})arrow A(GL_{m}/O(m))$
$([\mathrm{K}^{2}\mathrm{M}\mathrm{O}^{2}\mathrm{T}]$ ,
[O] ). , $\mathcal{P}$ $z\in \mathbb{C}^{2}$ .
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$\Psi_{z},:,$ $\Psi_{z_{\dot{\theta}}}^{*}$ Poisson , $\omega:,$ $\omega_{j}^{*}$
:
(2.4) $\{$
$\mathcal{P}\Psi_{z,:}(g)$ $=|\det g|^{z_{2}+n/2}\omega:(Hg;n(z_{1}-z_{2}))$ ,
$\mathcal{P}\Psi_{z_{\dot{O}}}^{*}(g)$
$=|\det g|^{z_{1}-n/2}\omega_{j}^{*}(Hg;n(z_{1}-z_{2}))$ .
, $B(GL_{m}/P;z_{1}, z_{2})$ $B(GL_{m}/P^{*}; z_{2}, z_{1})$ $(z_{1}, z_{2})$
.
$T_{z}$ : $B(GL_{m}/P;z_{1}, z_{2})arrow B(GL_{m}/P^{*};z_{2}, z_{1})$
. $T_{z}$ , $\psi\in B(GL_{m}/P;z_{1}, z_{2})$ ,
(2.5) $T_{z} \psi(g)=\int_{M_{m-\mathrm{n}.n}(\mathrm{R})}\psi(g(\begin{array}{ll}X E_{m-n}E_{n} 0\end{array})) \det(E_{n}+^{\ell}xx)^{-\alpha}dx|_{\alpha=0}$
. , , $\alpha=0$




$(2.6)$ $\tau_{*}\downarrow$ $\downarrow \mathrm{x}e(z_{1}-z_{2})$
$B(GL_{m}/P^{r};z_{2}, z_{1})arrow^{P}A(GL_{m}/O(m))$.
,
(2.7) $c(z_{1}-z_{2})$ $=$ $dx$
.
, (2.1) (2.4) ,
$\mathcal{P}\Psi_{(z_{1},z_{2}),:}(g)=\Gamma_{mn}(\lambda)\sum_{j=1}^{\nu}\gamma_{1j}.(\lambda)\mathcal{P}\Psi_{(z_{2\prime}z_{1})\dot{o}}^{*}(g)$ , $\lambda=n(z_{1}-z_{2})$
. $c(z_{1}-z_{2})$ , (2.6)
$\mathcal{P}T_{z}\Psi_{(z_{1\prime}z_{2}),:}(g)=c(z_{1}-z_{2})\Gamma_{mn}(\lambda)\sum_{j=1}^{\nu}\gamma_{1j}.(\lambda)\mathcal{P}\Psi_{(z_{2},z_{1})i}^{*}(g)$
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. $\mathcal{P}$ , $(z,, z_{2})$ B(GLm/P $z_{2},$ $z,$ )
,
(2.8) $T_{z} \Psi_{(z_{1},z_{2}),\dot{\iota}}(g)=c(z_{1}-z_{2})\Gamma_{mn}(\lambda)\sum_{j=1}^{\nu}\gamma_{1j}.(\lambda)\Psi_{(z_{2},z_{1})\dot{p}}^{*}(g)$
. , $g_{j}$ ,
$I_{\dot{\iota}j}(\lambda)=T_{z}\Psi_{(z_{1},z_{2}),i}(g_{j})=c(z_{1}-z_{2})\Gamma_{mn}(\lambda)\gamma_{\dot{\iota}j}(\lambda)$
. (2.2) (2.7) , .
\S 3
,
(1.1) . , $GL_{m}/P^{*}$ H-
, $(z_{1}, z_{2})$ $B(GL_{m}/P^{*}; z_{2}, z_{1})^{H}$
$\Psi_{(z_{2},z_{1})i}^{*}(j=1, \ldots, \nu)$ , (2.8)
, , \S 2
.










( , Poisson ) , $\mathrm{L}$ ,
Selberg .




Godement-Jacquet [GJ] , $GL_{r}$ stan-
dard $\mathrm{L}$
$(\mathrm{S}\mathrm{L}_{r}\cross \mathrm{S}\mathrm{L}_{r}\cross \mathrm{G}\mathrm{L}_{1}, \rho, \mathrm{M}_{r})$ , $\rho(h_{1}, h_{2}, t)v=th_{1}v{}^{t}h_{2}$
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( ) .
, \S 2 , $m=r^{2},$ $n=1,$ $H=$
$\rho(\mathrm{S}\mathrm{L}_{r}\cross \mathrm{S}\mathrm{L}_{r})\mapsto \mathrm{G}\mathrm{L}_{r^{2}}$ , $P_{1,r^{2}-1}$
. Piatetski-ShapirO-Rallis
([PS]) , $\{\mathrm{G}\mathrm{L}_{r^{2}}, H=\rho(\mathrm{S}\mathrm{L}_{r}\cross \mathrm{S}\mathrm{L}_{r}), P_{1,r^{2}-1}\}$
, $GL_{r}$ standard $\mathrm{L}$ Rankin-Selberg
, \S 2 .
, \S 2 , Piatetski-ShapirO-mllis
( ) ,
Eisenstein ( trivial
Rankin-Selberg ) . , cusp
$\Sigma \mathrm{J}$ ,
,
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